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I. Introduction

F AULT/FAILURE detection, isolation, and recovery (FDIR)
methods are usually designed for flight-critical components

such as actuators and sensors, using detailed mathematical models.
See, for instance, [1] and references therein for recent results.
Although component-level FDIR (CL-FDIR) has led to convincing
results for the individual unmanned aerial vehicle (UAV), much
remains to be done for leader-to-follower formations. Indeed, from
the distributed nature of formation guidance laws, when a CL-FDIR
cannot preserve flight performance for certain faults or failures, an
abnormal behavior arising in a single vehicle can potentially lead to
formation instability. We therefore claim that there is a need for a
decentralized fault detection (DFD) and adaptation capability so that
each vehicle can detect anomalous behaviors in neighboring vehicles
and adapt its own guidance law accordingly.

To the best of our knowledge, there is no work reported to date in
the literature that proposes the technology to handle concurrent
component-level faults and information-flow faults. However, the
particular case of formation reconfiguration under information-flow
faults has been studied by a few researchers. UAV formation
reconfiguration strategies are proposed in [2–4] based on graph
theory and a modified Dijkstra algorithm to command geometry
changes and to optimally reconfigure communication channels once
information-flow faults have been detected. From another
perspective, [5] proposed an interacting-multiple-model FDIR
approach for formations faced with communications failure.

In this paper, we propose a DFD technique to address worst-case
situations involving concurrent communications loss and compo-
nent faults for leader-to-follower formations. Because the state of the
formation cannot be published across the network at the time of
faults, sensory data onboard UAVs are used by the observer. Each
vehicle of the formation computes residues associated with the
position of its neighbors. A neighbor j of vehicle i refers to a vehicle

for which the separation from i is less than or equal to the sensor
range of vehicle i. Each residue is obtained from a robust observer
based on the use of a simplified, uncertain, linearly parameterized
model of the neighbor j for which the dynamics is perturbed by
exogenous signals. Such signals depend on the state of vehicle k,
which is a neighbor of j but not necessarily of i. Vehicle i estimates
these exogenous signals by low-pass filtering the inverse of
vehicle j’s dynamics, which is assumed to be the minimum phase.
An observer designed from H1 gain-based minimization provides
vehicle iwith residues that characterize the state of j, while reducing
the impact of modeling uncertainties. The effectiveness of the
proposed DFD technique is demonstrated with the distributed
formation controller of [6,7]. The simulation results shown in this
paper rely on high-fidelity, fully nonlinear, 6-DOF, sampled-data,
aerial almost-lighter-than-air vehicle (ALTAV) models, which
include actuator saturation, realistic measurement noise, and
commercial off-the-shelf sensor sampling rates.

II. Modeling of Formation, Vehicles,
Control, and Faults

A. Formation

Consider a formation of n identical UAVs comprising a single
leader and n � 1 followers. The leader tracks a known reference
trajectory. The leader is node 0 and the followers are nodes 1 to n � 1
of a graph G� �S; E�. Graph G is defined by the set of vertices
S� f0; . . . n � 1g and a set of edges given as E� f�i; j�; i; j 2 Vg.
Vehicle positions are expressed in inertial frame Ixyz. Associate to
each node i the set Ni, which includes the ith node and all the
neighboring vehicles j in the formation that are sensed by node
i 2 V. Ni is endowed with a neighboring unidirectional relation, in
which sensory data (position and velocity of j) flow from j 2 Ni to i;
that is, j 2 Ni implies that i measures the relative distance rij that
separates i from j. The converse is false unless i 2 Ni. The formation
geometry is defined, as shown in Fig. 1, by prescribed angle ��ij and
relative distances ��ij, assumed time-invariant in this Note. Such

information is transmitted from one node to another according to G.
For example, the configuration of Fig. 1 displays the formationwith j
as the leader, i as j’s follower (j 2 Ni), and k as i’s follower (i 2 Nk);
k and i measure �rki; �ki� and �rij; �ij�, respectively. In the present
setting, no intervehicle communication is required. Data are obtained
by means of onboard sensors.

B. Simplified Model of Vehicle Closed-Loop Dynamics

DFD implemented in each vehicle k 2 S does not consist of amere
duplication of the CL-FDIR of k’s neighboring vehicles. This
approach would be computationally cumbersome and would simply
reproduce the recovery incapability found with the CL-FDIR.
Instead, we propose to develop a simplified state-space
representation of neighboring vehicle dynamics in a closed loop
with their control law and to base the design of the neighboring
vehicle fault detector on this simplified model. Planar decentralized
control of a formation of ALTAVs, as that depicted in Fig. 1, serves
as the motivational example to demonstrate the effectiveness of the
proposed DFD. Indeed, the slow dynamics of the ALTAVs and their
smooth degradation of performance when faced with faults make
them the ideal unmanned vehicles for the development of a team-
level DFD experimental testbed. The detailed closed-loop dynamics
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of the formation, as illustrated in Fig. 2a, are described in Appendix
A. The ALTAVS are equipped with autopilots and formation
guidance laws that ensure path following of the leader vehicle and
stabilization of the entire formation around a prescribed geometry.

It is assumed at the DFD level that the behavior of a vehicle is not
considered faulty by its neighbors as long as it is able to achieve
position trajectory tracking based on measured relative distances
regardless of its attitude. The attitude of the 6-DOF model of the
vehicle presented in Appendix A is thus not considered in the
simplified state-space representation and only the intervehicle’s
relative distance is used to detect abnormal operating conditions.
Recall that detection of mildly abnormal behavior is carried out by
the CL-FDIR based on the full 6-DOF nonlinear model.

Therefore, to represent the time-varying flight envelope of
ALTAVs i 2 Nk and to account for possible bounded parametric
uncertainties, the following uncertain linearly parameterized system,
shown in Fig. 2b, is proposed:

_q i � Ai��i�qi � Bi��i�
hi
P
j2Ni
ki�xj � x�ij�

hi
P
j2Ni
ki�yj � y�ij�
zt

2
64

3
75

|����������������{z����������������}
vi1�vi2

xi
yi
zi

2
4

3
5� 1 0 0 0 0 0

0 0 1 0 0 0

0 0 0 0 0 1

2
4

3
5qi

(1)

where

� x�ij j�ij �T � ��ij�cos���ij �  i� sin���ij �  i��T

qi � � qi1 qi2 qi3 qi4 qi5 qi6 �T

xi, yi, and zi are the vehicle translations;  i is the heading angle of
vehicle i; and zt is the prescribed altitude of the formation, which is
assumed to be known before themission. The uncertain parameter �i
is assumed to evolve in the unit simplex:

�i �
�
��i1;...;�is�

����Xs
j�1

�ij � 1; �ij 	 0

�

The state-space is assumed linear in �; that is,

�Ai���jBi���� �
Xs
j�1

�ij�AijjBij�

Note that Ai��� [respectively, Bi���] can be decomposed as the sum
of a nominal matrix A�i � Ai���� [respectively, B�i � Bi����] and a
deviation matrix ~Ai��� [respectively, ~Bi���] that evolves in the same
polytope as that of Ai��� [respectively, Bi���]; that is,

~A i��� �
Xs
j�1

�ij ~Aij

and

~B i��� �
Xs
j�1

�ij ~Bij

Remark 1:
1) The term vi1 � vi2 in Eq. (1) results from the distributed

controllers of [6,7] applied to vehicle i and its neighbors. Formation
stabilization based on distributed controllers presented in
Appendix A is guaranteed under the assumption that G is a directed
acyclic graph [7]. Furthermore, it is shown input–output stable when
faced with exogenous disturbances such as measurement noise and
when subject to homothetic morphing commands [6,7].

2) Polytopic interpolation in Eq. (1) has also been used to model
the fighter aircraft for the design of fault-tolerant flight control
systems in [8].

C. Modeling of Faults

The signal of interest is denoted as Fi�t� and can represent either
actuator output signal, control input signal, or an exogenous force, as
suggested in Eqs. (A1) and (A2) of Appendix A. Let tf denote the
time at which a fault occurs. Fi�t� can be formally expressed for
vehicle i 2 S as

Fi�t� � Ki�tf; t; Fin�t��

whereFin�t� denotes the nominal signal, exempt from fault, andKi is
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Fig. 1 Geometry of a formation of three vehicles; formation flight

control aims at achieving a path following the x–y plane; set-point

regulation in z is obtained by PID control around a prescribed altitude zt
known by all vehicles.
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Fig. 2 Representations of formation flight control of vehicles i, j, and k.
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the identity function [i.e., Fi�t� � Fin�t�] when t < tf and a
polynomial function of Fin when t 	 tf . Ki is typically
nondifferentiable and even discontinuous at tf. Because Fi�t� can
be expressed as

Fi�t� � Fin�t� � Fin�t� � Ki�tf; t; Fin�t��
� Fin�t� � 1t�tf �Ki�tf; t; Fin�t�� � Fin�t�� (2)

where 1t�tf is the unit step function, which is equal to 1 if t 	 tf and
to 0, otherwise, vehicle dynamics can be modeled as a closed-loop
nominal system excited by disturbance:

1t�tffKi�tf; t; Fin�t�� � Fin�t�g

Because Eq. (1) is a model simplification of the nominal closed-loop
system, uncompensated fault can be represented on the right-hand
side of Eq. (1) by means of an additive disturbance �i, where faulty
signal �i belongs to the following set:

�� � f�i 2 R3nf0; 0; 0g; i 2 Snf0g; �i
� 1t�tf di�t�; kdi�t�k 	 Di > 0 8 t 	 tfg (3)

In Eq. (3), entries of di are polynomial functions and Di > 0 is a
lower bound on the signaldi such that all faults � 2 �� are detectable.
Conditions about Di are derived in the next section.

Remark 2:
1) Exogenous disturbance �i, which adds to the simplified model,

can originate from either an exogenously or endogenously generated
fault or failure. For instance, Fin involved in actuator failure
represents the control signal and thus makes �i endogenous to the
closed-loop system, although �i is not expressed analytically.
Furthermore, �i may be triggered by an event that is external to the
system. Indeed, one can think of a projectile penetrating the body of
UAV as one example of the exogenous nature of �i.

2) Definition of �� in Eq. (3) limits the scope of faults to signals
characterized by an abrupt jump, which comes from the use in
Eqs. (1) and (3) of the unit step function 1t�tf . The threshold selector

used in theDFDandderived in Sec. III.C determines the amplitude of
the changes that are detected by the proposed scheme.

3) Incipient faults, such as those resulting from loss of control
effector effectiveness or lock-in-place failure [1], do not belong to
��. For such faults, there is no guarantee of detection by the proposed
DFD. Through the numerical simulations, we indeed experienced
such detection inability with lock-in-place actuator failures.

III. Synthesis of Fault Detector

A. Observer with Disturbance Compensation

Consider the first-order, linear, time-invariant system

_x��a�x � � � e�; a� a� � ~a (4)

where � 2 �f, e is a smooth exogenous signal, and ~a represents the
deviation of parameter a with respect to its nominal value a�. The
objective is to design a detector that is sensitive to the abrupt change �
while attenuating the effect of e.

Denote L and L�1 as the Laplace transform and its inverse. The
Laplace transform of the time-varying signal x�t� is denoted as x�s�.
To alleviate the notation, x is understood as x�t�.

Using the observer

_̂x��a��x̂ � �̂ � ê� � Lo ~x (5)

where ~x� x̂ � x and

�̂� ê� L�1
�
x�s��s=a� � 1�

�fs� 1

�
(6)

yields the following estimation error dynamics:

~x�s� � ~x��s� � ~xe�s� �
�1

�s� a� � Lo�

�
a��fs

�fs� 1
� ~as

s� a

�

 ���s� � e�s�� �H�s����s� � e�s�� (7)

From Eq. (7), signal � is filtered and differentiated. With an
appropriate selection of parameters, one can expect the measurement
of the error signal ~x�, which is caused by the discontinuous signal �, to
be dominant with respect to that of ~xe, as suggested by the time-
varying signals shown in Fig. 3. It is to be noted that tuning �f andLo
results from a tradeoff between a fast detection of � obtained with
small values of �f or large values ofLo andmaintaining robustness of
the estimation with respect to measurement noise.

Adopt the following notation:

�x��� � kL�1fx�s�=sgk� (8)

where the root mean square (rms), denoted as

kxk� �

���������������������������������������
1=�

Z
�

0

xT�t�x�t� dt

s

is used.
Given an upper bound of e (kek� � �e), one can compute the lower

detectable fault � (characterized by D) and the corresponding
threshold as follows. To avoid false alarms, the threshold is defined
by the following inequality:

inf
�2�;kek� �e

k ~xk� > sup
��0;kek� �e

k ~xk� � Jth (9)

The threshold Jth is the supremum of the estimation error when no
fault occurs; that is, the estimation errors are due only to parametric
uncertainty and to the presence of the exogenous signal e. Because,
by construction of� in Eq. (3), � 0 0 0 �T =2 �, solving Eq. (9) for
D provides the minimum detectable fault associated with the system
in Eq. (4).

From [9] and the definition ofH�s� in Eq. (7), Eq. (9) is satisfied if

inf
�2�
kH�s���s�k� > 2 sup

kek� �e
kH�s�e�s�k� (10)

from which the following sufficient condition about the minimum
detectable fault is obtained:

jDj 	 2�ekH�s�k1
�H�� � tf�

(11)

whereD is defined inEq. (3)with i� 1. The threshold is thus defined
as Jth � 2�ekH�s�k1. For the system expressed by Eq. (4) with no
parametric uncertainties ( ~a� 0), �H�� � tf� can be expressed in
closed form as

�H�� � tf� �

������������������������������������������������������������������������������
1=�

Z
�

0

�L�1fH�s�=sg�TL�1fH�s�=sg dt

s

�
a2�2f

���f�a� Lo� � 1�2 �e
�2�a�Lo����tf�

� e�2���tf� � 2e��a�Lo�1=�f����tf� � 3�2 (12)
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a) Profile of the faulty signal and the 
exogenous disturbance

          b) Estimation error signals

Fig. 3 Observer with compensation of disturbances.
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B. Synthesis of Team-Level Detector

The simplified model in Eq. (1) for i 2 Nk, which is used by
vehicle k to detect faults on neighboring vehicle i, is characterized by
the unknown signal xj, where j is in Ni, but not necessarily in Nk.
Considering that signal x�ij in Eq. (1) is available to k, the following
observer is proposed:8>>>>>>>>>>><
>>>>>>>>>>>:

_̂qi � AF;iq̂i � B�i

hi
P
j2Ni
ki�x̂j � x�ij�

hi
P
j2Ni
ki�ŷj � y�ij�

zt

2
664

3
775

|����������������{z����������������}
v̂i1�vi2

� BF;iCiqi;

ri � �Ci �CF;i �
qi

q̂i

� 	
(13)

where

B�i

hi
P
j2Ni
kix̂j

hi
P
j2Ni
kiŷj

0

2
6664

3
7775� L�1

�
B�i v̂i1�s�
�fs� 1

�

� L�1
�
_�qi�s� � A�i �qi�s� � B�i vi2�s�

�fs� 1

�
(14)

and

�q Ti �
�
qi1 L

�1
�
sxi�s�
�ds� 1

�
qi3 L

�1
�
syi�s�
�ds� 1

�
qi5 qi6

	
(15)

where �qi is given in the time domain.
Furthermore,

Ci �
1 0 0 0 0 0

0 0 1 0 0 0

� 	

vTi2 �

2
4�hiX

j2Ni
kix
�
ijj � hi

X
j2Ni
kiy
�
ijjzt

3
5

and qi � �qi � �qi. The error signal �qi is caused by the use of low-
pass-filtered derivatives in Eq. (15).

Remark 3:
1) �d and �f are time constants of low-pass filters used to obtain

biproper transfer functions in Eqs. (14) and (15) wherever a signal
derivative is used. As noted in Sec. III.A, such constants act as tuning
parameters that contribute to speed up fault detection, although at the
expense of an increased sensitivity to measurement noise.

2) Eq. (14) is similar to Eq. (6) in Sec. III.A; that is x̂j and ŷj are
signals that are exogenous to vehicle i. Such signals are obtained by
using the filtered inversion of the nominal model of i, which
corresponds to Eq. (1), valued at A�i and B

�
i .

3) The linear observer in Eq. (13) is composed of matrices AF;i,
BF;i, andCF;i, which are derived in the sequel tominimize the impact
of x̂j and ŷj, and of coupling terms x̂j � x�ij and ŷj � y�ij. The coupling
terms represent the interaction of vehicle iwith its neighbors j 2 Ni.

Instrumental in obtaining conditions on the observer’s matrices,
an augmented estimation error system, which includes the faulty
simplified model in Eq. (1), is derived.

First, note that the system expressed in Eq. (14) can be written as

B�i v̂i1�s� � _qi�s� � A�i qi�s� � _�qi�s� � A�i �qi�s� � B�i vi2�s�

� ~Aiqi�s� � Bi�vi1�s� � vi2�s�� � �i�s� � _�qi�s�
� A�i �qi�s� � B�i vi2�s� (16)

where the first equality is obtained by substituting for �qi � �qi in
Eq. (14). The second equality is obtained by replacing qi with the

simplified model given in Eq. (1), to which the faulty signal �i is
added.

Then, letting

�i2�s� �
Bivi1�s� � ~Bivi2�s� � _�qi�s� � A�i �qi�s�

�fs� 1

A0i��� �
�1=�f 0

0 Ai���

� 	
; ~A0i��� � � ~Ai��� 0 �

B0��� � 0

Bi���

� 	
; C0i � � 0 Ci �; Qi �

&1i
qi

� 	
_&2i � �� � &2i�=�f; �i � � �i &2i �T

(17)

where state-space variables &1i and &2i result from the realization of
the filter 1=��fs� 1) used in Eq. (14) and from the filtering of �i,
respectively, which yields the following augmented estimation
system:

_Qi
_̂qi

� 	
� A0i��� 0

BF;iC
0 � ~A0��� AF;i

� 	
|�������������������{z�������������������}

Ai���

Qi

q̂i

� 	

� B0i��� 0

0 I

� 	
|�������{z�������}

Bi���

vi1 � vi2
�i2

� 	
�

0

1

� 	
0

0 1

2
4

3
5�i

z� �C0i �CF;i �
Qi

q̂i

� 	
(18)

where the equation for the derivative of q̂i is obtained 1) by
substituting the right-hand side of the second equality in Eq. (16) for

B�i v̂i1�s� in Eq. (13), 2) by using B�i � Bi � ~Bi, and 3) by noticing
thatBivi2�s� cancels out. The equation for the derivative ofQi comes
from Eq. (1) augmented with &1i.

In the case of a Luenberger-type observer (AF;i � A�i and
CF;i � Ci), the residue z can be expressed as

z�s��C0i�sI�A�
0
i ��1|���������{z���������}

H1�s�

~AiQi�s�

�C0i�sI�A�
0
i ��1B0i����vi1�s�� vi2�s�� �Ci�sI�A�

0
i ��1�i2�s�|�����������������������������������������������������{z�����������������������������������������������������}

H2�s�

�Ci�sI�A�
0
i ��1

�fs

�fs� 1|����������������{z����������������}
Gi

��s� (19)

where A�
0
i � A0i����.Gi is similar toH�s���s� in Eq. (7), that is, as a

low-pass-filtered derivative of the faulty signal.
Attenuation of the impact of disturbance �i2 on residue z leads to

the computation of the observer matrices AF;i, BF;i, and CF;i,
obtained by solving a L2-gain minimization problem defined as

min
AF;i;BF;i;CF;i

f�; kT�i2zik1 < �g (20)

where

Twizi � �Ai; Bi; �C0i �CF;i �; 0�

A sufficient condition to meet the minimization constraint
kT�i2zik1 < � is given by the following matrix inequality:

PAi��� � ATi ���P PBi��� �C0i �CF;i �T
BTi ���P ��2I 0

�C0i �CF;i � 0 �I

2
4

3
5< 0 (21)

which depends on a product of matrix variables such as PBF;i.
Following the procedure of [10], it can be shown that Eq. (21) is

equivalent for all j 2 f1; . . . ; sg to a linear matrix inequality (LMI)
that can be efficiently solved by a numerical toolbox. Adopt the
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following notation: � stands for terms that are induced by symmetry
in a matrix, �� � I 0 �T , Cj � diag�C0i; I�, and I � � I I �.

Proposition 1: The observer given in Eqs. (13–15) characterized
by matrices AF;i, BF;i, and CF;i satisfies the robust estimation
constraint kT�i2zik1 < � whenever there exists �i > 0 such that the
following LMI

��i�V̂i � V̂Ti � V̂Ti �Aij�
T � ITK̂iCj � IT ~Aij�

T � X̂Ti V̂Ti �Bij 0 �iV̂
T
i

� �X̂i 0
C0Ti
�ĈTF;i

� 	
0

� � ��2I 0 0

� � � �I 0

� � � � �X̂i

2
6666664

3
7777775< 0 (22)

is feasible for all Aij and Bij with j 2 f1; . . . ; sg in

V̂ i �
V̂1;i V̂2;i

V̂3;i V̂3;i

� 	

X̂i, CF;i, and K̂i. The observer matrices are expressed as

AF;i � ÂF;iV̂�T3;i , BF;i � B̂F;i, and CF;i � ĈF;iV̂�T3;i .
Proof: The proof is similar to that of Theorem 5 in [10] applied to

Eq. (18) and to Eq. (21) and by noticing that the extra coupling term
~A0i��� in Ai���, which is not present in Theorem 5 of [10], yields

IT ~Aij�
T , located in the 1 
 2 entry of Eq. (22). This product comes

from � ~Aij�
T , which is part of Ai��� that can be expressed as

A i��� �
Xs
j�1

�ij��Aij�T � �KiCj � � ~Aij�
T� (23)

where �� �0 I�T , and Ki � �BF;i AF;i�. To obtain LMI in Eq. (22),
the congruence transforms diag��Vi

;�Vi
; I; I;�Vi

�, where

�Vi
� I 0

0 V�122;iV21;i

� 	

Vi �
V11;i V12;i

V21;i V22;i

� 	
� V̂1;i V̂2;iV̂

�T
3;i

I V̂�T3;i

� 	

is first applied to Eq. (B2), described in Appendix B. Note that
Eq. (B2) is applied to Eq. (21) and uses Eq. (23). Then, the following
useful relationships are employed:

�Vi
�ATij�

TVi�Vi
��ATij�

TV̂i

�T
Vi
CTj K

T
i �

TVi�Vi
� CTj K̂

T
i I

and

BTij�
TVi�Vi

� BTij�TV̂i

As already noticed, the congruence transform yields the extra term

�T
Vi
�T ~Aij�

TVi�Vi

which can be shown to be equal to � ~ATijI by noticing that

�TVi�Vi
� V21;iI � I

and that �T
Vi
���. □

C. Threshold Selection

The tracking error of each vehicle increases in norm as the leader-
to-vehicle relative distance increases. In fact, constraining tracking
errors within small bounds requires the formation to behave almost
like a rigid body, which would entail prohibitively large transient
control signals used for vehicles significantly remote from the leader

[7]. Therefore, the minimum detectable fault and the corresponding
threshold are expected to be functions of leader-to-vehicle relative
distances and thus should be selected carefully. As mentioned for
Eq. (9), to avoid false alarms, the threshold must be defined such that

inf
�2�;Q;vi1;vi2 ;�i2

kzk� > sup
��0;Q;vi1;vi2 ;�i2

kzik� (24)

From [9], Eq. (24) is satisfied if

inf
�2�
kGi�s�fi�s�k� > 2 sup

Q;vi1 ;vi2;�i2

kH1�s� ~Ai�s�Qi�s� �H2�s�k�

(25)

As noted in Sec. III.A, the minimum detectable fault associated with
vehicle i can be characterized by the following lower bound on Di,
introduced in Eq. (3):

jDij 	
2 sup
Q;vi1;vi2 ;�i2

�kH1�s� ~Ai�s�k1kQi�s�k� � kH2�s�k� �

���Gi�s��� � tf��
(26)

where � denotes the minimum singular value of its argument.
BecauseGi�s� is a matrix,�Gi�s��� � tf� in Eq. (26) is defined as the
following matrix operator:��������������������������������������������������������������������������������

1=�

Z
�

0

�L�1fGi�s�=sg�TL�1fGi�s�=sg dt

s

It is shown in [7] that the Euclidean norm of position and speed
tracking errors of vehicle i is an increasing function of the relative
distance ��oi between the leader and follower i, fromwhich the bound

kQik� � kQik2 � �ai1 � ’i1���oi��=2

can be derived, where ai1 > 0, and ’i1 is an increasing function.
Thus, a sufficient condition for the detection of a fault �i can be
expressed as

jDij 	
Jth;i

���Gi�s��� � tf��
(27)

where

Jth;i 	 �ai1 � ’i1���oi��kH1�s� ~Ai�s�k1 � kH2�s�k�

Inequality (27) shows that false alarms are avoided by increasing
Jth;i, which in turn may impede fault detection of vehicles for which
the distances from the leader are significantly larger than those of the
leader’s neighbors.

1532 J. GUIDANCE, VOL. 30, NO. 5: ENGINEERING NOTES



IV. Experiments and Simulations

A string of nine regularly spaced and aligned vehicles, f1; . . . ; 9g,
is considered, where 1 and 9 denote the leader and the last follower
vehicle of the string, respectively. Neighboring set Ni is defined for
all i 2 f2; . . . ; 9g asNi � fi � 1g. As depicted in Fig. 4, the leader of
the formation tracks a square trajectory with a side length of 100m at
a speed of 1 m=s. Followers are required to stabilize around the
commands �� � 1 m and �� � 0 rad. However, follower
trajectories are not constrained beyond the stabilization requirement.
The latter implies that obstacle/collision avoidance has to be
implemented onboard or that the trajectory of the leader has to be
planned so as to compensate for unacceptable transient deviations
that may occur between follower and leader trajectories. This topic is
outside the scope of the present work.

Hardover failure of a single actuator occurs at the time of fault
tf � 150 s onboard vehicles 2 and 6; that is, the actuators saturate at
3.5 N, and so one has from Eqs. (2) and (3)

�i � 1t�tf fHOF;t�tf �Fin�t�� � Fin�t�g

HOF;t�tf �x� �
�
x; if t � tf < 0

3:5 N; otherwise

(28)

Modeling of theALTAVs and of the instrumentation parameters is
obtained from experimental data, as described in Appendix A. The
six-degree-of-freedom model in a closed loop with multiloop
proportional–integral-derivative (PID) autopilot is used for the
simulations. Autopilots and distributed controllers in Appendix A
and observers in Eqs. (13–15) are discretized (Runge–Kutta) with a
sampling period of 10 ms.

The simplified model in Eq. (1), which is derived to provide
trajectories sufficiently close to those of each ALTAV i 2 f1; . . . ; 9g
of the formation, as described in Appendix A, is characterized by
�i � �!i; 	i�:

Ai��i� �
Adi��i� 02 02
02 Adi��i� 02

A31i��i� A32i��i� Adi��i�

2
4

3
5

Adi��i� �
0 1

�!2
i �2	i!i

� 	
; A31i��i� �

0 0

0 a1

� 	

A32i��i� �
0 0

0 a2

� 	
Bi��i� � diag�Bdi��i�; Bdi��i�; Bdi��i�� and BTdi��i� � �0; !2

i �, along
with the following parameter values !1 � 0:65 rad=s, 	1 � 0:32,
!2 � !3 � 0:35 rad=s, 	2 � 	3 � 0:8, !4 � 0:39 rad=s, 	4 � 0:89,
!5 � !6 � 0:33 rad=s, 	5 � 	6 � 0:9, !7 � !8 � 0:35 rad=s, 	7�
	8 � 1, !8 � 0:33 rad=s, 	8 � 1, a1 ��0:035, and a2 � 0:01.

The single robust observer used in the DFD and implemented
onboard each ALTAV is designed from a single pair of polytopic
matrices Ai and Bi that allows state-space matrices to encompass
ALTAVs 2 to 8. To this purpose, we can exploit the fact that
parameters �i (i 2 f2; . . . ; 8g) of vehicles 2 to 8 can be bounded by

!� � ~!M and 	� � ~	
M
, where !� � 0:35 and 	� � 0:85. The

maximal deviations ~!Mand ~	
M
are equal to 20% of the nominal

values. The observer matrices in Eq. (13) are computed by means of
the Matlab Robust Control Toolbox. Robust estimation is achieved
with an attenuation gain � � 0:8 and with �i � 1. The following
matrices are thus calculated: AF;i � diag�aF;i; aF;i�, BF;i�
diag�bF;i; bF;i�, and CF;i � diag�cF;i; cF;i�, where

aF;i �
�2:56 0:95
�0:14 �0:84

� 	

bF;i � 10�2��3:85;�0:76�T , and cF;i � ��89:85; 9:64�T . The time
window used to compute the rms error is � � 1 s. The thresholds
described in Sec. III are selected as Jth;3 � Jth;4 � Jth;5 � 0:12,
Jth;6 � Jth;7 � 0:125, and Jth;8 � Jth;9 � 0:13. The inverse dynamics
and derivatives arefilteredwith afirst-order, low-passfilter forwhich
the time constants are �f � 5 s and �d � 0:05 s, respectively.

The guidance adaptation, denoted as recovery in Fig. 5, is
implemented onboard each vehicle as follows: when a fault is
detected on the upstream faulted neighbors k-1, bymeans of theDFD
design, vehicle k establishes a link with vehicle k-2, assumed in
range, by means of its onboard sensors. The detector flag of fault
occurrence is triggered as soon as krixk� � kCixzik� 	 Jth;i or
kriyk� � kCiyzik� 	 Jth;i (whereCix � � 1 0 � andCiy � � 0 1 �) is
satisfied. Simulations displayed in the sequel implement the block
diagram in Fig. 5 for the first three ALTAVs.

The simulations aim at verifying that
1) The transients induced by corner following do not induce false

alarms.
2) Vehicles 3 and 7 detect faults of vehicles 2 and 6 with the same

robust observer, which accounts for parametric uncertainty that
arises from the simplified formation modeling used to design the
observer.

3) The transient behavior of the formation over �tf; � � tf� does
not induce false alarms in vehicles 4, 5, 8, and 9.

Figure 6 shows that large residues appear only after the fault
occurrence and that tracking error caused by turning around the
corner at t� 100 s does not provide false alarms. Faults in vehicles 2
and 6 are detected after a delay of 4 and 9 s, respectively.

Planar trajectories of faulted vehicles 2 and 6 and their adjacent
neighbors are shown in Fig. 7. One can notice that fault detection by
vehicles 3 and 7 is sufficiently fast enough for all of the vehicles
except 2 and 6 to continue following the leader.

Snapshots of the formation in motion are depicted in Fig. 8. The
integrity of the formation composed of all the vehicles except 2 and 6
is preserved, because the anomalous behavior of the two diverging
vehicles is detected sufficiently fast and acted upon quickly. The
formation does not, however, maintain its original aspect in terms of
relative distances ��ij between adjacent neighbors. The vehicles are

close to their maximum allowable speed in a straight line and thus
cannot reduce the intervehicle distances that have been abruptly
increased by the detection of faulty vehicles 2 and 6. Nevertheless, a
slight crossing of the corner at t� 260 s, as depicted in Fig. 8d,
allows the formation, exempt of vehicles 2 and 6, to stabilize around
the prescribed ��ij. The simulation results also demonstrate that the

approach that consists of using the same robust observer onboard
each ALTAV’s detector enabled the detection of concurrent faults,
although ALTAV closed-loop dynamics depend on their position in
the formation.

t =0 s t =100 s

t =200 st =250 s

Fault at tf =150 s
onboard 2 and 6

2 19

t =0 s t =100 s

t =200 st =250 s

f

99

Fig. 4 Trajectory of the leader from t� 0 to 250 s.
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zt

zt
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Triggering event of δj

Fig. 5 Distributedly controlled formation of ALTAVs equipped with

their DFD and recovery module.
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V. Conclusions

Decentralized fault detection for leader-to-follower formations
based on local information was proposed. The scheme implemented
enables detection of severe faults that remain uncompensated for by
component-level FDIR. The detection relies on a mixed H1
minimization-based observer and on the compensation of exogenous
unknown disturbances. The observer uses a simplified, uncertain,
linearly parameterized model of the UAV dynamics in closed loop
with the controllers. Simulation results show that the detection of
concurrent faults and the subsequent adaptation can be achieved
sufficiently fast to preserve formation cohesiveness. Future work
includes live testing of the proposed DFD scheme and porting the
algorithms to other types of unmanned vehicles.

Appendix A: ALTAV Closed-Loop Dynamics

The dynamics of the ALTAV is governed for all i 2 S by the
following model [11]:

M 	xi �
X
j

Fji sin��i� � Cx _xi; M 	yi �
X
j

Fji sin�
i� � Cy _yi

M 	zi ��
X
j

Fji cos��i� cos�
i� � FB � Fg � Cz _zi

J� 	�i � �F1il1 � F2il2 � F3il3 � F4il4� sin��i� � C� _�i
J� 	�i � F1il1 � F3il3 � FBlB sin��i� � C� _�i
J
 	
i ��F2il2 � F4il4 � FBlB sin�
i� � C


(A1)

where xi, yi, and zi are the vehicle translations; �, 
, and � are the
vehicle rotation angles;M is the mass of each vehicle; J
, J� , and J�
are the moments of inertia about the x, y, and z axes; Fg is the force
due to gravity; FB is the buoyant force resulting from the volume of
helium in the vehicle; Fi is the force magnitude of the ith motor
(i 2 f1; 2; 3; 4g); li are the perpendicular distances between the
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Fig. 7 Planar trajectories of faulty vehicles and adjacent neighbors when the leader follows a square trajectory.

Fig. 8 Snapshots of formation motion.
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Fig. 6 Residues in the x axis about the abnormal operating condition of vehicles 2 and 6 computed by vehicles 3 (left) and 7 (right).
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motors and the vehicle center of gravity i 2 f1; 2; 3; 4g;Ci is the drag
coefficient in the direction i 2 fx; y; z; �; 
; �g, which serves as a
damping term for the motion in that direction; and � is the angular
offset from the vertical axis of the motor thrust vectors.

The flight control and guidance laws consist of a set of PID
controllers. In each vehicle, the flight controllers provide commands
to the fourmotors tomaintain the specified elevation, yaw, pitch, and
roll and are expressed for all i 2 S as [11]

F1i� Sat0;SF �fi� gi� �i�; F2i� Sat0;SF ��hi � gi� �i�
F3i� Sat0;SF ��fi� gi� �i�; F4i� Sat0;SF �hi � gi� �i�
fi�p’��Sat�S’� ;S’� �uxi� � �i�

� i’�
Z
t

ti

�Sat�S’� ;S’� �uxi� � �i�d�� d’� _�i

hi�p’��Sat�S’� ;S’� �uxi� � ’i�

� i’�
Z
t

ti

�Sat�S’� ;S’� �uxi� � ’i�d�� d’� _’i

gi�p��uxi � ’i�� i�
Z
t

ti

�uxi � ’i�d�� d� _’i

�i�pz�zi � zt�� iz
Z
t

ti

�zi � zt�d�� dz�_zi � _zt� (A2)

where the actuator’s saturation function Sata;b�x� is equal to x
whenever a � x � b, equal to b whenever x > b, and equal to a in
the remaining case. The flight controllers also generate pitch and roll
commands ux and uy tomove the vehicle in the x–y space. The outer-
loop control of the leader of the formation, which is characterized by
Cartesian state �xo; yo; zo�, is [11]

uxo � kp�x� � xo� � kd _xo; uyo � kp�y� � yo� � kd _yo (A3)

where x� and y� stand for the reference trajectory to follow.Guidance
for the follower i 2 Sf0g with state �xi; yi; zi� is given as [7]

� uxi uyi �T � hi
�X
j2Ni
ki�xj � xi � x�ijjyj � yi � y�ij�T

�

� x�ij y�ij �T � ��ij�cos���ij �  i� sin���ij �  i��T
(A4)

where hi is a strict positive real operator for which the stabilizability
property is analyzed in [7], and hi is selected as a low-pass-filtered
PD controller, given as 
i�kpi � ksis�=�1� �is�. The distributed
controllers stabilize the formation in the x–y plane, whereas set-point
regulation in z, given in Eq. (A2), is obtained by PID control around a
prescribed altitude zt, which is assumed to be known by the vehicles
of the formation before the mission onset or command changes.

The following parameters are used in the simulations:Fb � 13 N,
M � 1:618 kg, Jt � :995 kg 
m2, J� � 1:005 kg 
m2, J
�
1:005 kg 
m2, l1 � :941 m, l2 � :941 m, l3 � :941 m, l4�
:941 m, lb � :16 m, g� 9:8 m=s2, Cx � 0:95, Cy � 0:95,
Cz � 0:95, Ct � 0:5, Cg � 0:5, and Cp � 0:5.

Sensor measurements are corrupted by zero-mean white Gaussian
noise. Noise variance and sensor sampling periods are given in
Table 1.

Controller gains in Eqs. (A2–A4) are pz � 0:6, iz � 0:2, dz � 5,
pz � 0:125,p� � 1, i� � 0, d� � 3, p� � 0:125, i� � 0:1, d� � 2:5,
pz � 0:6, iz � 0:2, dz � 5, kp � 0:5, ki � 0, kd � 0:7,
S’� � 0:69 rad, SF � 3:5 N, 
1 � 0:4, 
2 � 
3 � 0:3, 
4 � 0:25,

5 � 
6 � 0:23, 
7 � 
8 � 0:21, 
9 � 0:2, and �I � 0:05 s.

Appendix B: Results of LMIs Applied
to Uncertain Systems

The following result, taken from [10], is useful to obtain the
linearization of matrix-inequality-based problems such as L2-gain
minimization, in which the Lyapunov variable is multiplied by a
design variable.

Theorem 1 [10]. The LMI

X > 0;
ATX � XA XB CT

BTX Q11 Q12

C QT
12 Q22

2
4

3
5< 0 (B1)

is feasible in the decision variable X if, and only if, there is scalar
�> 0 such that the following LMI

���V � VT� VTA� X VTB 0 �VT

ATV � X �X 0 CT 0

BTV 0 Q11 Q12 0

0 C QT
12 Q22 0

�V 0 0 0 �X

2
66664

3
77775< 0 (B2)

is feasible in the decision variables X, V, and V1.
Other LMIs such as Eq. (B2) are provided in [10]. We retain the

LMI that is useful to our purpose. From Eqs. (21) and (B1), one has
C� bC0i �CF;i c, Q12 � 0, Q11 ���2I, and Q22 ��I.
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Table 1 Sensor characteristics

Sensor Noise variance Sampling period, s

Global positioning system 1 m2 1
Sonar 2 cm2 1=50
Tilt 0:0349 rad2 1=100
Compass 0:0349 rad2 1=50
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